THPT Nguyén Hiru Cau
Lop: 12A...

[ (O V2 (=] o S

ON KTGK2 - Toan 12 (NH 2024-2025) Thai gian 75 phit
- GT: Chuwong 4 (Nguyén ham -Tich phan va Ung dung)

- HH: Chuwong 5 (Toa dé Oxyz: PT mat phang -PT dwong thang
-Khoang cach lién qua mat phang).

PHAN 1. 12 cAu trac nghiém nhiéu phwong dn Iwa chen(3 diém)
Cau1l: [NB]Biét F(x) la mot nguyén ham cua ham sé f (x) trén K. Khang dinh nao duéi day

ding?
A. F(x)=f(x),vxeK.
C. F'(x)=f'(x),VxeK.

2 2
Cau2: [NB] Néuj' f(x)dx =2 thi j[4x— f (x)]dx bang
0 0

A. 4. B. 6.

B. F'(x)=f(x),vxeK.
f'(x)=F(x),vxeK.
C. 10. D. 1

Cau3: [NB]Chohamsé y= f(x) xac dinh va lién tuc trén doan [a;b]. Dié@w phang gioi
han béi do thi ham sé y = f (X), truc hoanh va hai duong théhg x =a, X oc tinh theo

cbng thire nao dudi day?

A I|f (x)x. B.

Cau 4: [NB] Viét cong thirc tinh thé tich V cua
gi¢i han boi d6 thi ham s6 y = f (x),

if(x)dx

’ b
. C. (x)px. D. j f(x)dx.

1 trdn xoay dugc tao ra khi quay hinh thang cong,
truc 'Ox va hai duong thfmg X=a,X= b(a < b), quay

xung quanh truc OX.
b b
A.V:J.|f(X)|dX. QB.Vﬂ'IfZ(X)dX.

b
C.V:Ifz(x)dx. 4

Cau5: [NB] Mat phang di (0
A. x+2y-3 .
C. x+2y— =

hiang (ABC) la

D.V:ﬂ'if(X)dX.

—1;2) va c6 véc to phap tuyén ri=(L;2;-3) c6 phuong trinh

B. x+2y—-3z+8=0.
D. x+2y+3z—-4=0.

hong gian Oxyz, cho ba diém A(2;0;0),B(0;-3;0),C(0;0;1).Mot vecto phap

). B.n=(3;-2;6).  C.n=(2;3;1). D. n=(2;-3;-1).

Cau 7: 9 [NB] Phuong trinh tham s cta duong thang di qua diém A(2;—2;3) va c6 véc to chi phuong

u=(-14.1) la
X=2-t X=-1+2t X=2+t X=-2-t
A Jy=-2+4t. B.iy=4-2t . C.qy=-2+4t. D.<y=2+4t.

z=3+t z=1+3t z=3+t z=-3+t



Cau 8: [NB] Trong khong gian Oxyz, cho diém A(L;3;-2) va mat phang (P):2x+y—2z-3=0
.Khodang cach tir diem A dén mit phang (P) béng

A. 1. B. 2. C.g. D. 3.

3

Cau9: [TH] Chohamsé f (x) thoa mén f(%j:o va f'(x)sinzgcoszgzl.ﬁnh f(

Y R R

Cau 10: [TH] Trong khong gian Oxyz , cho mit phang (P):x—z+3=0.Mit phang n
goc véi mit phiang (P)?

NN
N——

A (R):2x+y-2z=0. B. (¢):2x—y+2z=
C. (p):2x—y—-2z=0. D. (Q):— y+2z=
\ 4
Cau 11: [VD] Mét 6 to dang chay Véi van tdc 12m/s thi ngud p phanh; tir thoi diém do, 6 t6

+1 /s), trong d6 t 1a khoang thoi gian
tinh bang gidy, ké tir lac dap phanh. Hoi tir ic dap phanh dén khi 6 td dirng han, 6 td con di

chuyén duoc bao nhiéu mét ?
A. 24m. B. 12m.Q

Céu 12: [VD] Trong khong c toa do Oxyz,
ABCD Ia hinh

D. 0,4m.

a trung diém cua SB. Tinh
dén mit phang (CDM ).
=2.




Cau 1:

Céu 2:

Céau 3:

PHAN 1. Cau trdc nghiém diing sai (4,5 diém).
Cho ham s f (x)=—4x+3. Cac ménh d¢ sau la dung hay sai?

a) [NB] Néu F(x) lamét nguyén ham cia f (x) thi F'(2)=-5.

b) [NB] F(x)=-2x*+3x la mot nguyén ham cua f (x).

c) [TH] Néu G(x) la mot nguyén ham cia f (x) va G(1)=2 thi G(2)=-1.

d) [TH] Néu F(x) la mot nguyén ham cua f (x) thi F(—x) la mot nguyén ham cua f (—x).
C

Al B.[ | 11 D.[ ]

4 1
Cho tich phan J'f(x)dx=2 va I f (x)dx=5.Goi F(x) lamot ngu@ﬁa ham sé
3 3
4

f (x) trén doan [1;4]. Cac ménh d sau la dung hay sai?
a) [NB] F(4)-F(3)=2.

b) [NB] J3.5f (x)dx =10.

c) [TH] j.f(x)dx=7. %
d) [TH] i(f (x)—5x)dx = 81 Q
Al ‘B. %

Trong kh (Oxyz) cho hai diem A(2;3;7);B(4;,1;3). Goi (a)la mt phang trung truc
cua doan thang . Cac khang dinh sau dung hay sai?

a atphang (o) di qua diém 1(L-1-2).

b) [ at phang () c6 VTPT la n=(-112).

Phuong trinh mit phang () ¢6 dang ax+by+cz—9=0.Khidé a+b+c=2.
d) [VD] Mot mat phang (3) di qua C(0;—12) va song song mét phang (a) s& c6 hoang cach
dén mit phing ()12 6.

Al B.[ | c[ ] D.[ ]



PHAN I11. Cau héi trd 161 ngdan(2,5 diém).
2x+5 khi x>1

3x* +4 khi x<1
tuc trén R thoaman F(0)=2. Tinhgid tri cua F(-1)+2F(2).

Caul: [VD]Chohamsb f(x) ={ . Gia st F(x) languyén ham cua f(x) valién

Két qua:

2
Cau 2: [TH] Biét _[( dx =aln2+bIn3+cIn5,(a;b;c e Q). Tinh gia tri a+
1

x+1)(2x+1)

Két qua:

Cau 3: [VD] Trong dot hoi trai “Khi toi 18” dugc to chirc
truong THPT X, Poan truong ¢ thuc hién mot du &
trung bay trén mot pano c6 dang parabol n &
Biét rang Poan truong s& yéu cau cac I6p
va dan 1én khu vuc hinh chir nhat ABCD,
dugc trang tri hoa van cho phu hop. Hoigdi
trang tri hoa vin bé nhat 12 bao n
tron dén hang phan tram)

Két qua: ‘J

>
1)

4m

Cau5: * [VD] Trong khdng gian Oxyz, cho hinh thang can ABCD co6 day 1a AB va CD. Biét
A(3:1;-2), B(-1;3;2), C(-6;3;6) vagoi D(a;b;c) véi a,b,ceR. Giatricua a+b+c

bang
Két qua:




THPT Nguyan Hitu Cau ON KTGK2 - Toan 12 (NH 2024-2025) Thai gian 75 phit

Lop: 12A...
Ho va tén:

- GT: Chwong 4 (Nguyén ham -Tich phan va Ung dung)

....................................................... - HH: Chu()'ng 5 (T()a d'() OXyZ PT mat phang -PTdu(}'ng thang

-Khodng céch lién qua mdt phang).

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Céau 5:

Cau7:

PHAN 1. 12 cAu trac nghiém nhiéu phwong dn Iwa chen(3 diém)
[NB] Biét F(x) la mot nguyén ham cua ham s6 f (x) trén K. Khang dinh nao dudi day
dl’lng?

F(x)=f(x),vxeK. B. F'(x)=f(x),vxeK.
C. F( )=f'(x),¥xeK. D. f'(x)=F(x),VxeK.
[NB] Khang dinh nao duéi day diing?
A. Ildx=0. B.Ixzdx=2x. C.dex=x2+C. D.I +
[NB] Cho cac ham s6 y = f (x),y=g(X) lién tuc trén R. Khang d1 d 1’mg’7
A. _[ X)+9 x) dx If de'g _[ (x)—g x dx Ig
f f x)dx
dx dx D.
c [10atof19ofato o (LIRS
[TH] Ho nguyén ham cua ham sé f =4sin xcos
A. I = COS4X+c052x+C I = C084)(—0052x+C.
c J- cos4xco52x+$ f (x)dx Cos4 oS OxAC.
[NB] Cho f(x) la hanso li€n tuc tréfydoan [a;b] va F(X) 1a mot nguyén ham ctia ham s
f ( ) trén doan [a bl. Ti a dén b cua ham ) f duqc ki hiéu la

A.jF(x)dx:f( B. jf x)dx =F (x)| =F(a)-F(b).

Q
QD

f(x)dx=F(x )sz(b)—F(a).

D.

D ey T

|2x —4|dx . Chon khang dinh diing.

(2x—4)dx]. B. I =—j‘(2x—4)dx+j‘(2x—4)dx.
= | (2x-4) dx+j (2x—4)dx D. I:j(2x—4)dx—i(2x—4)dx.

5
. X S R
[TH] Gia sfrI d =Inc. Giatri ding cua C la
1 2x—1

A. 3. B. 8. C.9. D. 81.



Cau 8:

Cau 9:

Céu 10:

Céu 11:

1
[VD] Biét tich phan J'22X+3dx=a.ln 2+b. Thigiatricua a la
- X

0

Al B. 2. C.3. D.7.

[TH] Trong khdng gian h¢ toa 4o Oxyz, cho A(1;2,-1); B(~L0;1) va mat phing
(P):x+2y—2z+1=0. Viét phuong trinh m3t phang (Q) qua A,B va vudng goc véi (P)
A. (Q)2x—y+3=0. B.(Q):x+z=0. C. (Q):—x+y+z=0.D. (Q)3x—y

[TH] Trong khdng gian véi hé truc toa do Oxyz , cho hai mit phing (a) X =0,
(B):2x+y-z=0 vadiém A(L2-1). Puong thang A di qua diém A'vason Vi ca
hai mat phing (), () c6 phuong trinh 1a
x-1 y-2 z+1

2 4 2
x-1 y-2 z+1

1 2 1

A

C.

[\VD] Trong khong gian véi hé truc toa iém M (1;,2;5). Mat phang (P) di qua
M cit c4c truc Ox, Oy, Oz lan luotitai ho M Ia tryc tam tam giac ABC . Phuong
trinh mét phang (P) 1a
A X+y+z-8=0. e

ng gian véi hé toa 46 Oxyz , khoang cach giita duong thang
it =ZL12 va mit phing (P): X —2y + 27 + 4 = 0 bing bao nhiéu?
Al B. 0. C.3. D. 2.



Cau 1:

Céu 2:

Cau 3:

PHAN 1. Cau trdc nghiém diing sai (4,5 diém).
Cho hamsé f (x)=2cosx va g(x)=25in2§.Céc ménh d& sau ddy dung hay sai?
a) [NB] If(x)dx:ZSin x+C.
b) [NB] Ig(x)dx=—cosx+C.
¢) [TH] I[f(x)+g(x)]dx:x+sinx+c.

d) [TH]_[ f(x) dx=2x+C (biét x thoa man g(x)=1).

g(x)-1
Al B.[ | c[ ]

Choham s f
Biét ham s6 y = f'(x) c6 dd thi nhu hinh v&. Goi (D)
hinh phang gi¢i han bai d6 thi ham s y = f'(x) vadruc
hoanh. C4c ménh dé sau day dung hay sai?

a) [NB] f'(0)=0 va f’(%)>0.

—

x)=x>+ax’+bx , véi a, b 1a c4c s6 thuc.

b) [NB] f'(x)=3x"—-4x.

¢) [TH] Dién tich caa hinh phan a3 (d

d) [TH] Khi quay hinh phang u

% (dvtt). ¢

truc hoanh Ox ta dugc khéi tron xoay c6 thé tich la

Trong khong giaf®Oxyz, cho diém A(2;-3;4) va mat phang (P):—x+2y+z=0. Cac ménh
g hay sai?
mot vec to phap tuyén 1a fi, =(-1,2;0).
NB] Khodng cach tir didm A dén mat phing (P) bing 242
c) [TH] Néu c6 duong thing AM ||(P) thi AM.fi, =0.
d) [VD] Buong thang d di qua A, céttruc Ox va song song véi (P) c6 phuong trinh 1a
X-2 y+3 -4
N

A.|2:|. B.[ | c[ ] D.[ ]




PHAN I11. Cau héi trd 161 ngdan(2,5 diém).

Caul: [TH]Cho IZX+21 dx =ax+bIn|x—-2/+C véi a,beQ. Tinh gid tri a+b.
X_

Két qua:

Cau2: [TH]Chohamsé f(x).Biét f(0)=4 va f'(x)=2sin’x+1 VxeR. Biét
i 2
J‘f(x)dx=w;(a;be2), tinh a+b.
) 16
Két qua
Céu 3:

[VD] Goi F(x) la mot nguyén ham ctia ham sé f (x)

dong bién trén khoang (a;+o0), gia tri nho nhat cia

Két qua:
L 2 Q X =1+t

Cau 4: [TH] Trong khéng gian (\ duong thang d :{y=2t ,diém M (12;1) va mit phang
z=-1

(P):2x+y-2z-1 udhg thang A di qua M, song song véi (P) va vudng goc véi d co

phuong trin =2 = -1
b 3

. Tinh gia tri a+Db.

ca [VD] Trong khdng gian Oxyz , cho diém A(1;1;2) va mit phang (P):(m-1)x+y+mz-1=0,

véi m latham sé. Tim m dé khoang cach tir diém A dén mat phang (P) lén nhét.
Két qua:




THPT Nguyén Hiru Cau
Lop: 12A...

[ (O V2 (=] o

ON KTGK2 - Toan 12 (NH 2024-2025) Thai gian 75 phit

- GT: Chuong 4 (Nguyén ham -Tich phan va Ung dung)
- HH: Chuwong 5 (Toa d6 Oxyz: PT mat phang -PT dwong thang
-Khodng céch lién qua mdt phang).

PHAN 1. 12 cau trdc nghiém nhiéu phwong dn luwa chon(3 diém)

Cau 1:
A. F(x):%x2 —cos(2x+1).

C. F(x)=%x2+%cos(2x+1).

[NB] Ham sé nao duéi day 1a mot nguyén ham ctia ham so f (x)=x-+sin(2x+1)?

B. F(x) =%x2 —2cos(2x+1).

D. F(x) =%x2 —%cos(2x+1) .

Cau2: [NB] Ho céc nguyén ham cua ham s6 f (x)=e>+11a

A. 3> 4+C. B. %63)‘ +C. C. 3¥ +x+C. ‘

n X +1 X
cau3: [NB] j dx bing Q
2

A. X2 +1In|x|. B. ?+In|x| +In|x % % +In|x+C.

Cau4: [NB] Bletrangj t)dt=4. Tinh jzf v
D. 8.
2

Cau5: [NB] Biét I—j|x+]4dx Tim mé

it x+4)dx

224167+ 242 -4

2

B. | |x+ﬂdx jx+1 )dx — Ix+1

,\,'—.N L

D. | |x+]4dx J' (x+1)dx— J (x+1)d

7’ +167z+8\/§ 7’ +167-16

C. D.

F(~1)=0.Khi dé F(2) bang
A. 4In2+1.

Céau 8:

(@) c6 mot véc to phap tuyén I3
A n=(-35;2).

16

B. 2In3+2.

B. n=(-3,-5;2).

16 16

[TH] Cho F(x) Ia mot nguyén ham cua ham so f () __2 trén khoang (—2;+) va

X+2

C. 4In2. D. 3In2+1.

[NB] Mt phang (a) c6 cdp véc to chi phuong la U =(3;1;2) va v =(11-1). Khi d6, mit phing

C. n=(2-35). D. n=(L-1L4).



Cau 9:

Céu 10:

Céu 11:

Céu 12:

Cau 1:

[NB] Phuong trinh tham s6 ctia duong thang di qua diém A(2;—2;3) va c6 véc to chi phuong

:(—1,4,1) la
Xx=2-t X=-1+2t X=2+t X=-2-t
A Jy=-2+4t. B.qy=4-2t . C.iy=-2+4t. D.<y=2+4t.
Z=3+t z=1+3t Z=3+t z=-3+t

[TH] Trong khéng gian véi h¢ truc toa o Oxyz, diém M (a,b,c) thudc mét phang
(P):x+y+2z-6=0 vacach déu cac diem A(16;0),B(-2;2;-1),C(5;-13). Tich abclban
A. 1l B. 2. C. 4. D. 6.

[VD] Trong khong gian véi hé truc toa do Oxyz , cho tam giac ABC Vi ' (L-12),
C(3;-6;1). biém M (x;y;z) thudc mat phang (Oyz) sao cho MA?

nho nhét. Tinh gié tri biéu thac P=x+y+z.
A. P=0. B. P=—1. ©r

[\VD] Cho ham s y—f ) c6 dao ham trén (0j=oo) aa thoa man 2x° + f (x)=2x.f'(x) voi

moi x> 0. Biét f =1, giatri
A. 55. Q D. 49.
11 MCau tric nghiém dung sai (4,5 diém).
éo I& hoi hang nam, toc do thay doi lwong khach tham quan duoc

s§ Q'(t)=4t>—72t* +288t , trong d6 t tinh bang gio (0<t<13), Q'(t)

. (Ngudn: R.Larson and B. Eawads, Calculus 10e, Cengage). Cho biét sau
0 nguoi ¢ mat. Cac ménh dé sau day dting hay sai?

khach tham quan dugc biéu dién boi ham sé Q(t) =t* — 24t +144t>.

i6 luong khach tham quan la 1325 nguoi.

Luong khach 'gham quan Ién nhat 1a 1396 nguoi. 9

] Téc do thay déi lwong khach tham quan I6n nhat tai thoi diém t=6.

Al B.[ | c[ ] D.[ ]

? dat gia tri

Tai mot khu
bleu dlen




Cau 2:

Céu 3:

Cau 1:

Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van téc v, (t) =2t (m/s), trong dé thoi gian
t tinh bang gidy. Sau khi chuyén dong duoc 12 gidy thi 6 td gip chuéng ngai vt va ngudi tai
xé phanh gép, 6 t0 tiép tuc chuyén dong cham dan déu véi van téc v, (t) va gia toc la
a=-8(m/s’) cho dén khi ding hin. Cac ménh dé sau day ding hay sai?

a) [NB] Quéng dudng 6 t6 chuyén dong nhanh dan déu la 144 m.

b) [NB] Van téc cua 6 t6 tai thoi diém nguoi tai xé phanh gép 1a 24 m/s.

c) [TH] Thoi gian tir lUc 6 t6 giam toc d6 cho dén khi dung han la 3 giay.

d) [VD] Tong quang duong 0 to chuyén dong tir IUc xuat phat dén khi dung han la 168m

Al ] B.[ | c[ ] D.[ ]

Trong khéng gian vai hé truc toa dd Oxyz , cho mat pha ¢6 phuong trinh
2x+y—2z+3=0 vadiém M (-2;2;3). Cac ménh dé sau day\@tng hay sai?
a) [NB] Mat phang («) c6 mot véc to phap tuyeén |

b) [NB] Mt phang di qua diém N (-1;2;0

d) [TH] Mat phang di qua hai dié ; a vuong goc véi mit phang (o) co

phuong trinh: 3x—4y+z+11=
Al B. c[ ] D.[ ]

u héi trd 161 ngan(2,5 diém).
s6 y=f(x).Dothihamsd y= f'(x) la duong
v&. Biét rang dién tich cua cac phan hinh phang A
S,=4 va S;=10. Cho biét gia tri cua f (0)=2.




Cau 2:

Céu 3:

Cau 4:

Cau 5:

[TH] Trén mat phang toa do Oxy, cho parabol (P):y =—x*+9. Goi D Ia hinh phang gisi han
bsi (P), truc Ox va hai duong thing x =-2, x = 2. Tinh thé tich khdi tron xoay tao thanh khi
quay D quanh truc Ox (lam tron dén phan nguyén).

Két qua:

[VD] ‘Né'u cat chu nuéce cd hinh dang nhu hinh
bén bang mat phang song song va cach mat day &~~~ F——— e X
X (cm)(0< x<16) thi mat cat la hinh tron co 16cm Q

il S L
- Toeocenee

ban kinh (10++/x )(cm). Tim X (don vi cm, 1am . mI |

tron két qua dén hang phan tram) dé dung tich
nudc trong chau bang nura thé tich caa chau?

Két qua:

[TH] Trong khdng gian Oxyz , ¢
(Q): x—y—2z+1=0. Goi diém
L 22+b

38
Két qua:

(P): x+3y—z=0va
ach déu hai mat phang (P) va (Q), voi

. Khi do, l%bén aon

v ong khdng gian Oxyz, cho hai mat phang (P):2x—y+z-4=0 va
+3=0. Goi d la duong thang giao tuyén cua hai mat phang (P) va (Q). Biét
ciia/duong thang d va (Oyz) la diem M (0;b;c), tinh b+c.




THPT Nguyén Hiru Cau ON KTGK?2 - Toan 12 (NH 2024-2025) Thai gian 75 phat
Lop: 12A... - GT: Chirong 4 (Nguyén ham -Tich phan va Ung dung)

HO AV 22T (] ST - HH: Chu()'ng 5 (T()a d'() OXyZ PT mat phang -PTdu(}'ng thang
-Khodng céch lién qua mdt phang).

PHAN 1. 12 cau trac nghigm nhiéu phwong dn lwa chen(3 diém) [8 cau Gidi tich + 4 cau Hinh hoc]
Cau1l: [NB]Biét F(x) la mot nguyén ham cua ham sé f (x) trén K. Khang dinh nao duéi day

dling( x)=f(x),vxeK. B. F'(x)=f(x),VxeK.
C. F'(x)=f'(x),VxeK. D. f'(x)=F(x),VxeK.
Léi giai

Theo dinh nghia Nguyén ham: F (x):nguyén hamcua f(x) = [F(x)] = f
Cau2: [NB] Neuj x)dx =2 thi j[4x—f x) Jdx bang

A. 4. B. 6. C. 10. 12
Loi gidi
Chon B ¢

Ap dung qui tic TICh phén Cua Téng —Hiéu, ta duoc;
j[4x f(x)]dx= j4xdx jf( Jdx=8-2=6
0

Cau3: [NB]Chohamsé y= f(x) xac dinh va li ;
han boi d6 thi ham s6 y = f (), truc hoanh va hai dugng thang x=a,x=b dugc tinh theo
cong thirc nao dudi day?

A. I|f (X)fx. B.

_Tf X C. j'|f(x)|dx. D. j.f(x)dx.

¢ Léi giai

h hinh phang gisi han bsi do thi ham s6 y = f (X), truc hoanh

=b: Szj‘|f(x)|dx.

h thé tich V ctia khi tron xoay duoc tao ra khi quay hinh thang cong,
s6 y=f(x), truc Ox va hai duong thing x=a,x=b(a<b), quay

b
E.Vzﬁ_ffz(x)dx.

b
D.V :ﬂ'jf(X)dX.
Loi giai

Cong thirc tinh thé tich V' caa khéi tron xoay duoc tao ra khi quay hinh thang cong, gidi han
boi d6 thi ham sé y = f (X), truc Ox va hai duong thing x =a,x=b(a <b), xung quanh

b
truc OX 13 V =7zj f2(x)dx

Cau5: [NB] Mat phang di qua diém M (0;—1;2) va c6 véc to phap tuyén n=(12;-3) c6 phuong trinh



A. x+2y-3z-8=0. B. x+2y—-3z+8=0.
C. x+2y—-3z-4=0. D. x+2y+3z-4=0.

Loi giai
Chen B o
Phuong trinh mat phang can tim 1a: 1(x—0)+2(y+1)—-3(z—-2)=0<x+2y—3z+8=0.
Cau 6:  [NB] Trong khong gian Oxyz , cho ba diém A(2;0;0),B(0;—3;0),C(0;0;1).Mdt vecto phap
tuyén ciia mit phang (ABC) la
A. n=(2;-3;1). B.n=(3;-2;6).  C.n=(2;3;1). D. n=(2;-3;-

Léi giai
Chen B
Xy

Phuong trinh mit phing (ABC):E+—3+§:1 = 3x—2y+62-6=0.

Vay mit phang (ABC)c6 mdt vecto phéap tuyén n= (3;-2;6).
Cau7: [NB] Phuong trinh tham s cia dudng thang di qua diém A(2;—2;3) W& c6 vég to chi phuong

u=(-14,1) la
X=2-t X=-1+2t O (x=-2-t
A Jy=-2+4t. B.qy=4-2t . D.<y=2+4t.
z=3+t z=1+3t z=-3+t
Chon A
X=2-t
PTDT {y=-2+4t.
z=3+t

Cau 8: [NB] Trong khong gian Oxyz, 1,3;-2) vamit phang (P):2x+y—-2z-3=0

.Khoang céch tur diémx én'mit phang (P) bang
A. 1l B. C. % D. 3.

Léi giai
Chen B

" ¥ L 2.1+3-2.(-2)-3
Khoang cach tindiént dén mat phang la d (A;(P)) = =2.
22+ 1% +(-2)°
Cau 9:@@ 6 f(x) thoa man f(%}=0 va f'(x)sinzgcoszgzl.ﬁnh f(%}
A. —j=l. 4.
2
Chen D

oG eilfle eifi)

Loi giai

Bién doi f'(x)= L

=sin% x
4
1

sin? x

LAy nguyén ham jf’(x)dx=4j dx < f(x)=—4cotx+C



Céau 10:

Cau 11:

Cau 12:

biéu kién f(%)=0:>0=4
Nén hamsb 1a f (x)=—4cotx+4
Vay f(£)=—4cotz+4=4.

2 2

[TH] Trong khdng gian Oxyz , cho mit phang (P):x—z +3=0.Mit phang nio sau diy vuong
goc véi mit phiang (P)?

A (R):2x+y-2z=0. B. (a):2x—y+2z=0.

C. (p):2x—y—-2z=0. D. (Q):—2x—-y+2z=0.
Loi giai

ChenB

Mit phing (P) ¢6 vecto phap tuyén 1a n,, =(10;-1).
e N =(2L-2) 6 Ny Ny =2+0+2=4=0.Nén (R) 4 (a).
e n,, =(2-12) ¢ ny .n,, =1.2+0.(-1)+(-1).2=0. Vay (P) L(

Q. ¢

h; tir thoi diém do, 6 t6

), trong d6 t 1a khoang thoi gian
i 0 td dirng han, 6 t6 con di

[VD] Mot 6 to dang chay véi van tc 12m/s thi n
chuyén dong cham dan déu véi van téc v(t) =—6t +
tinh bang giay, ké tir lic dap phanh. Hoi tir g
chuyén duoc bao nhiéu meét ?

A. 24m. B. 12m.

D. 0,4m.

—3t*+12t+C
—3t2 +12t

Thoi gian dén khi dirng han: —6t+12=0<t=2
Viy quing duong dé M - S(2)=12(m).
ighé toa do Oxyz,

Loi giai



Céu 1:

XatXe | Xg+%p
2 2 X, =2
Tir gidc ABCD 14 hinh chit nhat nén | yA;yC = yB;yD =Y. =4 =C(24,0).
I, +2e  Zy+17, 2c =0
2 2

M 14 trung diém cia SB = M (0;2;2).

Viét phuong trinh mat phang (CDM ):
CD =(0;—4;0), CM =(-2,-2;2) = CD ACM =(-8;0;-8).
(CDM) ¢6 mét véce to phap tuyén n=(10;1).
Suy ra (CDM ) ¢6 phuong trinh: Xx+2z—-2=0.

Vay d(B;(CDM))= 0+0-2 _

= =42.
‘ , V12 402 +12 ]
PHAN I1. Cau trac nghiém ding sai (4,5 diém). [2 cau Gigj tich + 1 High hoc]

Cho hamsé f (x)=—4x+3. Cac ménh d¢ sau la ding ha

b) [NB] F(x)=-2x*+3x la mot nguyén ham cua
c) [TH] Néu G(x) la mot nguyén ham cua f

dx ={(—4 +3)dx=—2x2+3x+C.

G(1)=2suyraC y 1 G(x)=-2x"+3x+1.
Vay G(2)=
d) Sai. j = =(4x+3)dx =2x* +3x+C.
M3 f (x)dx=—2x*+3x+C,suy ra F(—x):—2x2—3x+C¢If(—x)dx.
4 1
Cho hani[ f (x)dx=2 va I f (x)dx=5.Goi F(x) 1a mot nguyén ham cua ham s6
3

f'(%) trén doan [1;,4]. Cac ménh d sau la ding hay sai?
a) [NB] F(4)-F(3)=2.

b) [NB] J3‘5f (x)dx =10,

¢) [TH] i f(x)dx=7.

. -81
d) [TH] !(f (x)—5x)dx:7.



Al B.[ | c[ ] D.[ ]

Léi giai
la) b b) S ) S d) b |

2) Diing, Ta co: ff(x)dx:F(x)::F(4)_F(3):z.

3 4
b) Sai. Ta co: jsf(x)dx:—sjf(x)dx:—lo .
3
4
c) Sai. Ta co: If J'f dx+I x)dx=-5+2=-3.
1

d) Pung. Ta co: I 5x)dx j.f(x)dx—ijdx:—B—g(xz)Ar:i:l.
1 1

1 2
Cau 3:  Trong khong gian (Oxyz) cho hai diém A(2;3;7);B(4;13). Goi (a)la mat @ g truc
cta doan thang AB . Cac khing dinh sau dung hay sai?
a) [NB] Mat phang () di qua diém 1(L-1-2). Q
b) [NB] Mt phing (e) ¢6 VTPT la n=(-112).
¢) [TH] Phuong trinh mit phang (e) ¢6 dang ax+by +¢tz—920. Khi @ a+b+c=2.
d) [VD] Mot mat phang (3) di qua C(0;-12) va song matphang (o) s& c6 hoang cach
dén mat phang ()12 6.
D.[ ]

Al B.[ |

2) [b)

* Toa do diém M cua d8an thing AB 18 1 v, == -=2=M(325)

7+3
=—>-5
M2
Mit phang ( TPT: #AB =(2;,-2,-4) Hay n=(-112)
Phuong trin hig (o) di qua trung diém M va c6 VTPT n=(-112) la

y 9=0

a do diém 1(L-1-2) vao phuong trinh mp(a): —1-1+2.(-2)—-9=0( Vo Ii).
héng thuoc mat phang («).

. Mat phang (@) c6 VTPT: AB=(2,-2,—4) Hay n=(-112)

a=-1
c) Ping. Dya vao (1)PTmp(a) tathdy <b=1 = a+b+c=2
c=2
0-1+2.2-9
d) Sai. Khoang cach d((),(a))= _fo-t+ | -6

,/ +12+22 ‘/_

PHAN I11. Cau héi trd loi ngdan(2,5 diém). [3 cau Glal tich + 2 cau Hinh hoc]



2X+5 khi x>1
3x* +4 khi x<1
tuc trén R thoaman F(0)=2. Tinh gid tri cua F(-1)+2F(2).

[VD] Cho ham sb f (x)={ .Giasit F(x) languyén ham cua f (x) valién

Két qua:

Loi giai

2|7

o x> +5x+C, khi x>1

Nguyén ham F (x) = x*+4x+C, khi x<1

x> +5x+C, khi x
X°+4x+2  khi

Tim hing s6 C, bang diéu kién lién tuc: F(x) lién tuc trén R

biéu kién F(0)=2=C, =2. Vay nguyén ham F(x) ={

& Iim(x2 +5x+C, ): Iim(x3+4x+2) <1+54C =1+4+2 &

x—1" x—1"

x*+5x+1 khi x>1
X2 +4x+2 khi x<1

. o F(2)=1
Tinh tirng gia tri nguyén ham tuong tng F

Vay nguyén ham F (x) :{

6 (— +2F(2):—3+2.15:27.

2
- dx .

TH] Biét | ——————=aln2+bIn3 a;b;c . Tinh giatri a+b+c.
THI Bt [ ) €Q). Tinh gié t
Két qua:
0
Bién doi
Tich phan J'

+1)|; =In5-In3—(In3-In2)=In2-2In3+In5.
=-2;c=1. Vay a+b+c=1+(-2)+1=0.

t hoi trai “Khi t6i 18” duogc to chuc tai

PT X, Poan trueong cd thuc hién mét du an anh
y trén mot pano c6 dang parabol nhu hinh vé. A B
Biét rang Poan truong s& yéu cau cac 16p giri hinh du thi
va dan Ién khu vuc hinh chit nhat ABCD, phan con lai s&
duoc trang tri hoa vin cho phu hop. Hoi dién tich phan
trang tri hoa van bé nhat Ia bao nhiéu mét vudng? (1am
tron dén hang phan tram) ‘

Két qua: 4m

4m

>
1)

Léi giai




Chon hé truc toa d6 nhu hinh v¢&, khi d6 phuong trinh

duong parabol ¢6 dang: y =ax® +b. y
Parabol cat truc tung tai diém (0;4) va cat truc hoanh tai
(2;0) nén: 4 B
b=4 a=-1 4m
) < . Do @6, phuong trinh parabol
a2°+b=0 b=4
X
la y=—x*+4. IO S
Dién tich hinh phang gi¢i han bai duong parabol va truc - 4m
2
32

N S, X
hoanh la: Slzj(—x +4)dx:[—§+4xj

-2

2
Goi C(;0) = B(t;4-t*) voi 0<t<2.Taco CD=2t va BC=4-t*.
Dign tich hinh chit nhat ABCD la S, =CD.BC =2t.(4—t") =—2t° +
Dién tich phén trang tri hoa van la: S=S, -S, = 3—32 —(-2t*+8t) = 2t°

t+
Xét ham s6 f(t)=2t3—8t+% Vi 0<t<2. « TS
t=2 c(0;2) v

Taco: f'(t)=6t>-8=0 < V3

2
t=———¢
2 (@)
Bang bién thién:
x 0

2z
3
f'[x] - 0
2
() 32
Nhu vay, dién ti tri nho nhat 1a bang % m? ~ 4,51m?.
[TH] Trong gian Oxyz, cho mit phang (P):x+y—2z-1=0 vadiém A(-4;12). Goi d
1a duong thang A cat mat phang (P) tai B, cét truc Oy tai C sao cho B 1a trung diém ciia

thudc duong thang d c6 hoanh do bang 2 thi tung d6 diém d6 14 bao nhiéu?

Léi giai

13

Toa do diém C(0;t;0). Suy ra toa d trung diém B cua AC 1a B (—2; % ;1) .

Tur gia thiét diem B e(P):—2+%—2.1—1=0®t=9:>C(O;9;O).
Mot VTCP cia duong thing d 14 u = %E =(2;4;-1). Suy ra phuong trinh ctia duong thang d

Xx+4 y-1 z-2

la: )
2 4 -1




Cau 5:

Suy ra, phuong trinh ctia dudng thang d la:

Diém thudc duong thang d c6 hoanh d6 bang 2 thi ta c6 ZL24

Xx+4 y-1 z-2

<12=y-1< y=13.

[\VD] Trong khdng gian Oxyz , cho hinh thang cdn ABCD c6 day 1a AB va CD. Biét
A(3:1;-2), B(-1;3;2), C(-6;3;6) vagoi D(a;b;c) véi a,b,ceR. Giatricua a+b+c

bang
Két qua:

-3

Duong thang d qua C(-6;3;6) va song song véi duong thaing AB ¢4 VTG
X=—6-2t
hay 14 ﬁ:%ﬁ =(-2;1;2), nén PT AB:{y =3+t
Z=6+2t
Diém D thudc dudng thang d nén goitoadd D 1a D

Loi giai

Tu gidc ABCD Ia hinh thang can nén ta co: |ﬁ| =

+V6i t=-2 = D,(-2;1;2), te giac la h
+Voit=-6 = D,(6;-3;-6) thoam

N

9

—23+1;6492t).

= 8t+12=0 <:>{

—,;4>

t=-2
t=-6



THPT Nguyen Hiru Cau ON KTGK2 - Toan 12 (NH 2024-2025) Thai gian 75 phat
Lop: 12A... - GT: Chirong 4 (Nguyén ham -Tich phan va Ung dung)

Ho va tén: - HH: Churong 5 (Toa dg Oxyz: PT mat phang -PT dwong thang
....................................................... _Kh0ang cach lién qua mat phang)

PHAN 1. 12 cau trac nghiém nhiéu phwong dan lua chon(3 diém) [8 cau Gidi tich + 4 cau Hinh hoc]
Caul: [NB]Biét F(x) lamot nguyén ham cia hamsé f (x) trén K. Khang dinh nao dudi day

dung'(’ x)=f(x),vxeK. B. F'(x)=f(x),¥xeK.
C. F'(x)=f'(x),vxeK. _ I?._f'(x):F(x),VXeK.
Lo gial

Theo dinh ngia: F(x) la mot nguyén ham cua ham s6 f (x) trén K (F(x) = f (),
Cau2: [NB] Khing dinh nao duéi day diing?
A. Ildx:O. B.J.xzdx=2x. C. dex x*+C. D. _[
Loi giai

Chon D
Theo cdng thirc nguyén ham cac ham so cip: Dap an dung 1a Ildx =
Cau3: [NB]Chocachamsé y=f(x),y=g(x) lién tuc trén R. ng dinh n 6i day ding?

A I(f (x)+g(x))dx=f i (x)dx.jg(x)dx. B. _[( x))deJ'f(x)dx—J'g(x)dx

X) f (x)dx
C. | f(x).g(x)dx=|f(x)dx.| g(x)dx. D. X = .
T (.9 (x)e=[ f (x)ex[ g (4 a0
Théo quy tic cac phép tinh nguyén ham, dap an d
I(f(x)—g(x))dx=jf(x)d
Cau 4: [TH] Ho nguyén ham cua ham sé cos3x la
A .[ B. j = COS4 —Cc0s2x+C.
Dj COS +cost+C.

Loi giai

= 4%(sin(—2x)+sin 4x) = 2sin 4x —2sin 2x

cos4x
+cos2x+C.

X)dx = _[(Zsin 4x—2sin2x)dx = -

Cau5: 14 ham s6 lién tyc trén doan [a;b] va F(X) la mot nguyén ham ciia ham sé
X) Arén doan [a;b]. Tich phan tr @ dén b ciia ham sé f () duoc ki hiéu 1a

b b

A [F(x)dx=f(x)| =f(a)-f(b). B. jf x)dx=F(x)| =F(a)-F(b).
C.TF(x)dx=f(x):=f(b)—f(a). Tf Jdx =F(x ::F(b)—F(a).
’ L(rlglala1

b
Theo dinh nghia tich phanj x)dx=F(x)| =F(b)-F(a).

a

Cau6: [TH]Cho I = j |2x—4|dx . Chon khing dinh ding.
-1



Al = i(2x—4)dx . B. I =—j(2x—4)dx+j(2x—4)dx.
C. 1 =i(2x—4)dx+i(2x—4)dx. D. | :j(2x—4)dx—i(2x—4)dx.
N ’ Loigiai i

X |1 2 3]
2x—4 | - 0 +

Bang xét ddu

3 2 3
Vay | :I|2x—4|dx :—I(ZX—4)dx+I(2x—4)dx.
-1 -1 2
5
Cau7: [TH] Gisir | o
1 2x-1
A. 3. B. 8. C.o. D.8
Loi giai
Chen A
5
| X Lokt
Jox-1" 2

1

caus: [VD] Biéttich phan [2*S4x—aln2+b. Thigidtri fa a | .
0

D.

2—X
A. 1l B. 2. C. 7.
Loi giai
Chon D
2X+3 jd

1 1
Chia da thic [ Z—dx = [ o
0 2_X 0 2—X

=Inc. Giatri ding cua C la

5
1

=%In9=|n3.vay c=3.

Tich phan —2x—7In[2—x];, = 71i2— 2"
Cau 9: [TH] Trong khéng gian hé toa do O
(P):x+2y—2z+1=0. Viét

1,2,-1); B(-10;1) va mit phang

phffongitsinh it phang (Q) qua A,B va vudng goc véi (P)
A. (Q):2x—y+3:0.‘ X+2=0. C. (Q):—x+y+z=0.D. (Q)3x—y+z=0.
Loi giai
Chen B \
‘ {E:(—z;—z;z) o
ap la<_ . nén cod VTPT
ey =(1 2-1)

—2;0;-2)=-2.(30;1)
Céau 10: ng gian vai hé truc toa @ Oxyz , cho hai mat phang (a) 'X—-2y+z-1=0,

. =0 va diém A(L2;—-1). Buong thang A di qua diém A va song song véi ca
hai'mat phang (e),(/) c6 phuong trinh 1a

A x—l:y—2:z+1_ B. x—1=y—2=z+1.
-2 4 -2 -1 3 5
C. x—1=y—2=z+1' ) EZVLZ:Z__?’.
1 -2 -1 1 2 1
Loi giai
Chen B

mp(e) co véc to phap tuyén 1a n, =(1-2;1), mp(B) ¢6 véc to phap tuyén Ia n, =(2;1-1).
Puong thing A c6 véc to chi phuong la U =| ny;n, [=(L,35).
x—lz y—-2 _ z+1

3 5

Phuong trinh cua duong thang A



Cau 11: [VD] Trong khdng gian véi h¢ truc toa do Oxyz , cho diém M (1;2;5). Mt phang (P) di qua
M cit c4c truc Ox,Oy,Oz lan luot tai A B,C sao cho M I tryc tam tam giac ABC . Phuong
trinh mét phang (P) 1a
A X+y+z-8=0. B. x+2y+5z-30=0.

X y z X y z

C.-+=+—-=03. D. —+=+—-=1.
5 2 1 5 2 1
Loi giai
Chon B
Goi A(&;0;0),B(0;b;0),C(0;0;c). Phuong trinh mat phang (P) I 5+%+5=1,
a c
oy 2 . .. 1 2 5
Mat phang (P) di qua M nén —+B+—:1(*).
a c
Véc-to AB =(-a;b;0), AC =(~&;0;c), BM =(12-b;5),CM =(L2;5~c);
b2
ABCM =0 =5
Do M la tryc tdm tam gidc ABC nén L e :
ACBM =0 |[._2
Thay vao (*) ta cé E+ﬂ+§=1<:>a=30:>b=15,c=
a a a . 3
Vay (P): >+ Y 121 x+2y+52-30=0.
y 30 15 6 y
Cau 12: a duong thang
d:lezy;3 4 =0bang bao nhiéu?
A1 D. 2.
Chen A
Mat phang (P) ¢6 VTPT la n=(1;—
Pudng thing d c6 VT(I 1a
Taco nu=1.2+(-2).2+
Suy ra duong thang

Chon M(L3;2) ed

Cau 1:

dx=-cosx+C.

c) H:f (X)]dx=x+sinx+C.
d) [TH] j L dx=2x+C (biét x thoa man g(x)=1).
A. |:| B.[ | c[ ] D.[ ]
Loi gidi
[2) b b) S c) P [d) S |

a) Pung. _[f dx IZcosxdx chosxdx 2sinx+C .

b) Sai. Ig dx j25|n de Il cosx)dx =x—sinx+C.
c) Ping. I[f (X)+g(x)]dx= If(x dx+jg x)dx = Xx+sinx+C.



Céu 2:

d) Sai. jf—x)dx= ﬂdx:jzco”

(
g(x)-1 25in2)2(—1 —COS X

dx=j(—2)dx=—2x+C.

Chohamsé f(x)=x’+ax’+bx , véi a, b la cac s
thuc. Biét ham s y = f'(x) c6 do thi nhu hinh v&.
Goi (D) la hinh phang gi¢i han béi do thi ham sé

y = f’(x) vatruc hoanh. C4c ménh dé sau day ding
hay sai?

a) [NB] (0)=0 va f'(§j>0.
b) [NB] f'(x)=3x"—-4x.
¢) [TH] Dién tich ciia hinh phing (D) Ia % (dvdo).

@ tich 13

d) [TH] Khi quay hinh phing (D) quanh truc hoanh Ox ta dugc khoi tron xa
5127

——— (dvtt).
405
Al B.[ | C. .
Loi gidi : 3
a) S b) B ) B d) |
a) Sai. Theo hinh V&, giao diém ctia d6 thi dao ham '(x) véitruc hoanh Ox tai diém

Vay dao ham f'(x)=3x* -
¢) Pung. Vi hinh phan (& hia dudi truc hoanh Ox nén dién tich cia hinh phang (D)
vV

x= 2227 (4.
405

Trongkhong gian Oxyz, cho diém A(2;-3;4) va mat phang (P):—x+2y+z=0. Cac ménh
awday dung hay sai?

a) [NB] (P) c6 mét vec to phép tuyén la fi, =(-12;0).

b) [NB] Khoang cach tir diém A dén mat phing (P) bing 242 .

¢) [TH] Néu c6 duong thing AM ||(P) thi AM.fi, =0.

d) [VD] Duong thang d di qua A, cat truc Ox va song song véi (P) c6 phuong trinh la
X—2 y+3 7-4

2 3 4
% S Y s A Y e R |
Lo giai
[a) S b) S , c) P d) P |
a) Sai. (P) c6 mot vec to phap tuyén 1a fi, = (-1 2;1).




Cau 1:

Cau 2:

u3:

|2+2.(-3)+4]
V12 +2° +1° -

c) Pung. Néu c6 duong thang AM ||(P) thi AM Lfi, < AM.fi, =0.

d) Ping. Goi M 1a giao diém cia d véi Ox thi M (t;0,0)= AM =(t—2;3,—4) la mot vecto
chi phuong cua d .

Vi d//(P)= AM i, =0 < -1(t-2)+2.3+1(—4)=0t=4.

Do dé: AM =(2;3;~4) va phuong trinh dudng thing d la: =2 = y;3 _Z _44 .

PHAN I11. Cau héi trd léi ngdan(2,5 diém). [3 cau Gidi tich + 2 cau Hinh hoc]

[TH] Cho [ 2x +21
X_

b) Sai. Khoang cach d (A,(P)) 2.

dx = ax+bIn|x—2|+C véi a,beQ. Tinh gia tri a+b.

Két qua:

Loi giai

7

I2X+ldx:jwdx:j(zx_4+i)dx:j(2+ > jdx_ + |X—2|+C.
X—2 X—2 X—2 X-2 2

Dodbé a=2vab=5.Vay a+b=2+5=7. ¢
[TH] Cho hamsé f (x). Biét f(0)=4 va f'(x)=2sin*x+L\vx e R. Biét

H 2
If(x)dx:%&:ﬂj;(a;bez), tinh a+
0

Taco f(x):_[ f'(x)d‘:_f in®

biéu kién f(0)=4=C

7
Suy ra tic f )dx=J(2x——sin2x+4)dx
0
4 2 2
2x+4xZ=—+7r—£=7z 167 -4 >a=16:b=—4.
0 4 16

) 1a mot nguyén ham cua ham sé f (x) = (x“ —4x2). Biét ham s6 F (x)
dong bién trén khoang (&;+), gia tri nho nhat cua a bang bao nhiéu?

Két qua:

Léi giai

2
Xét ham s§ y = F (x), khi d6 dao ham y'=F'(x)= f (x) =" (x*—4x*) (vi F(x) lamot
nguyén ham caa ham s f (x)).




x=0
Giai y':0<:>exa‘1“(x“—4x2)=0<:> x=2 .Bang bién thén ham y = F (x)

X=-2
T — 00 -2

y! 0 - 0 - 0 4+

y/\./

Vay ham sé F(x) dong bién trén khoang (2;+00)——>a=2.

X=1+t
Cau4: [TH] Trong khong gian Oxyz, cho duong thang d :{y =2t ,diém M (12;1) va mat pha
z=-1
(P):2x+y—2z-1=0.Pudng thang A di qua M, song song véi (P) vav @ vol d ¢
x-1 y-2 z-1

phuong trinh A: . Tinh gia tri a+Db.

b
Két qua:
Loi giai 4
2
Duong thang A song song véi (P) va vudng goc v aft c6 VTCP u, thoa

u, Ln = 2;1,-2 .
=) ]
u, Luy =(L20)

Phuong trinh dudng thang A suyra a=4,b=-2. Vay a+b=4-2=2.
Cau5: [VD] Trong khéng gian Oxyz, i (1;1;2) vamat phang (P):(m-1)x+y+mz—-1=0,

véi m latham sé. Timam déikhoang'€ach tir diém A dén mat phang (P) lén nhét.

Két qua:

Loi giai
5
m—1+1+2m— 3m-1)°
Khoang ¢ )= | LIy )

\j(m—l)2+1+m2 ) 2(m?*~m+1)
(3m-1)° 1 9m’-6m+1

Xét 6 fifm) = .
© 50 fm) 2(m2—m+1) 2° m’—m+1

a2 B m=5
Pao ham f'(m)=1. 3m” +16m 25; Giai f'(m)=0< 1.BBT
2 (m?>-m+1) m=3
1
m |—oo 3 5 +oc
f'(m) -0 + 0 -
14
3

fm)|3
\0/ \g
2

Vay maxd(A,(P)):E khi m=5.



THPT Nguyén Hru Cau
Lop: 12A...
Ho va tén:

ON KTGK2 - Toan 12 (NH 2024-2025) Thai gian 75 phit

- GT: Chwong 4 (Nguyén ham -Tich phan va Ung dung)

- HH: Chuwong 5 (Toa dé Oxyz: PT mat phang -PT dwong thang
KhOang cach lién qua mat phang).

PHAN 1. 12 cau trac nghiém nhiéu phwong dn lya chon(3 dzem) [8 céu Giai tich + 4 cau Hinh hoc]

Cau 1:  [NB] Ham sb nao duéi day la mot nguyén ham ciia ham sé f (x)=x-+sin(2x+1)?
A. F(x):%xz—cos(2x+1). B. F(x)=%x2—2cos(2x+1).
C. F(x)=%x2+%cos(2x+1). D. F(x)=%x2—%cos(2x+1).
Loi gidi
Chon D
Nguyén ham I f (x)dx :.[[x+sin(2x+l)]dx:%x2 —%cos(2x+1)+C.
Vay chon dép an F(x)=%x2—%cos(2x+1).
Cau2:  [NB] Ho cac nguyén ham cia ham s6 f (x)=e>+11a
A. 3e¥+C. B. %e3X+C C.3e* +x+C. %+X+C.
Loi giai
Chon D ¢
jf(x dx:J. e3x+1)dx:%e3x+x+c.
Cau 3: [NB] IX L bing
2
A. x*+Inlx|. B. X?+In|x|. : X—+In|x|+C. D. §+In|x|+C.
Loi
2
IX +1dx=j(x+£j
X X
Cau4: [NB]Biét rangj (1) (x)dx

A 2. C.6. D.8
Loi giai
|x+1]dx. Tim ménh d& ding
2 2

Al =I|x+]4dx j (x+1) dx+j (x+1)d B. | =j|x+]4dx j (x+1)dx— Ix+1

) -2

2 2
C. 1 J'|x+]4dx j (x+1)d D. I_I|x+]4dx j (x+1)dx— I x+1)d

B Loi giai
Chon D

Chen can tich phan: | = _|'|x+]4dx

-2

Céau 6:

[NB] Tinh |(2x—sinx+4)dx

Ot | N

'f|x+]4dx+_[|x+]4dx I (x+1)dx— I (x+1)d



Cau 7:

Céu 8:

Céau 9:

7% +167+8J2 -16 2 +167+2J2 -4

= B.
Lo gial

Chen A

% z 2 2 _

I(Zx—sinx+4)dx =(x2+cosx+4x) 4 =”_+£+”_1=7f +167 +8v2 16

0 0 16 2 16

[TH] Cho F(x) la mot nguyén ham cua ham s6 f (x) __ 2 trén khoang (—2;+) va

i X+2
F(—l):O. Khi do F(2) bang

A. 4In2+1. B. 2In3+2. C. 4In2. D. 3In2+1.
Léi giai
ChenC
Trén khoang (—2;+w) tacd F(x)= izdx:ZIn(x+2)+C.
X+

Vi F(-1)=0=2In(-1+2)+C=0=C=0,
Suyra F(x)=2In(x+2)=F(2)=2In4=4In2.
[NB] M3t phang (a) c6 cap véc to chi phuong 1a U =(3;1;

(&) c6 mdt véc to phap tuyén la
A n=(-352). B. n=(-3,-5;2).

[NB] Phuong trinh tham s6 cta i quadiem A(2;—2;3) va co véc to chi phuong

u=(-14,1) la
X=2-t X=2+t X=-2-1
A Jy=-2+4t. C.Jy=-2+4t. D.qy=2+4t.
z=3+t z7=3+t z7=-3+t
Loi giai
Chen A

B. 2. C. 4. D.6.
Loi giai
a+tb+c=6 a+b+c=6
Taco: {MA?=MB? < {(a—1)" +(b-6)"+b*=(a+2)" +(b—2)" +(c+1)’
MA*=MC* |(a-1)’+(b—6) +c?=(a-5) +(b+1)’ +(c-3)
a+b+c=6 a=1
<<3a+4b+c=14 < -<b=2.Vaytich abc=6.
4da—-T7b+3b=-1 c=3



Cau 11:

Cau 12:

Céau 1:

[VD] Trong khong gian voi hé truc toa &6 Oxyz, cho tam gidc ABC voi A(2;13), B(L-12),
C(3;-6;1). biem M (x;y;z) thuoc mat phang (Oyz) sao cho MA’ + MB? + MC” dat gia tri
nho nhét. Tinh gié tri biéu thac P=x+y+z.
A. P=0. B. P=—1. C. P=1. D.P:g.
Léi giai
Chon A o
Goi | ladiémthéa IA+IB+IC=0<1(2-2;2).
MA? + MB? + MC? =(MI +1A) +(MI +1B) +(Mi +1C)’
=3MI° + IA? +1B” + IC* + 2MI.(IA+ 1B +IC) =3MI° + 1A + IB” + IC”.
Ma M e(Oyz) = MA® + MB? + MC” dat gia tri nhé nhat <> M 1a hinh chiéu cua 4!1én (Qyz)
< M (0;-2;2).
Vay P=0-2+2=0.
[VD] Cho ham sé y = f (X) c6 dao ham trén (0;+o0) va thoa man 2x* + f (X)=2x. f*(x) véi
moi x>0. Biét f(1)=1, giatricua f(9) bang
A. 55. B. 52. C. % D49
Lot giai
Chon A
Tir gia thiét 2x* + f (x) = 2x.f’(x), chia hai vé cho|2&/x va chiyén vé, ta dugc

.

XV X+C
NN
biéu kign f(1)= 1:>C—%

! "(x
Wf() 2X«/_

Lay nguyén ham hai vé:

Vay L:(()zgx x+%:f(x)=§x2+% x.Suyra f(9)=55.

PHAN I1. Cau trdc nghienydiingsai (4,5 dzem) [2 c&u Gigi tich + 1 cau Hinh hoc]
Tai mot khu di tich vao ngay 1&hoi hang nam, toc do thay doi luong khach tham quan duoc
biéu dién bang ham's6.@" ( ) A4t® —72t* + 288t , trong d6 t tinh bang gio (0<t<13), Q' ( )

tinh bang khach/glo (Nguon R.Larson and B. Eawads, Calculus 10e, Cengage). Cho biét sau
2 gio da c6 500 ngwoi c6 mat. Cac ménh dé sau day dung hay sai?

a) [NB] Idrongkhach tham quan duoc biéu dién bsi ham s6 Q(t) =t* —24t° +144t.

b) [NB] Sau,5 gtofeong khach tham quan la 1325 nguol
c) [TRiLuong khach tham quan Ién nhét 1a 1396 ngudi.
d)iEH] T8edo thay ddi lwong khach tham quan 16n nhét tai thoi diém t =

A [N B[ | cl ] D. E
Loi giai
@) S b) B c) b ld) S |
a) Sai. Ham s biéu dién lugng khach tham quan 1a Q(t IQ t)dt =t* —24t> +144t* +C;
Ma diéu kién: sau 2 gio da c6 500 ngudi c6 mat = Q(2)=500=C =100.
Vay ham Q(t)=t" —24t° +144t* +100.
b) Pung. Sau 5 gio luong khach tham quan la Q(5) =1325.
t=12
c) Ping. Dao ham Q'(t)=4t-72t*+288t =0 < |t =6 ;
t=0
Tinh gia tri trén doan [0;13]: Q(0)=100,Q(13) = 269 va Q(6) =1396,Q(12) =100




Cau 2:

Céau 3:

Vay r[g;%)](Q(t)=1396 (tai t =6).

d) Sai. Xét ham toc do Q'(t)=4t° —72t* + 288t

t=9.46

t=2.54"

Tinh gid tri trén doan [0;13]: Q'(0)=0,Q'(13) =364 va

Q'(9.46) =-332.55,Q'(2.54) = 332.55 o ?

Vay Toc do thay doi lugng khach tham quan I6n nhat bang 364 tai thoi diém t=13.

Mot 6 t6 bat dau chuyén dong nhanh dan déu véi van téc v, (t) =2t (m/s), trong dé thoi gian
t t|nh bang gidy. Sau khi chuyen dong duoc 12 glay thi 6 t6 9ap chudng ngai vat va nguaigtai
xé phanh gap, 6 to tiép tuc chuyén dong cham dan déu véi van téc v, ( ) va gia téc la

Dao ham Q" (t)=12t* —144t+288=0 <

a=-8 (m/s ) cho dén khi dirng han. Cac ménh dé sau day dung hay sai?

a) [NB] Quang duong 6 to chuyén dong nhanh dan déu Ia 144m.
b) [NB] Van tbc cua 6 to tai thoi dlem ngudi tai xé phanh gap la 24 m/ S.
c) [TH] Thol glan tu 1ac 6 t6  giam téc do cho dén khi dung han la 3 giay.
d) [VD] Tong quang duong 6 t6 chuyén dong tir ldc xuat phat dén khi disgr hampla 168 m .

Al 8. c.[] 0.[ ¢ ]
Loi giai
[2) b b) b c) b d)" S |
a) Dl’mg Quﬁng duong 0 t6 chuyén dong nhanh dan dew'tu t =0 giay ot =12 giay la

J'v t)dt= j2tdt =t \ =144,

b) Dung. van tb¢ ciia 0 1o tai thoi diém ngugistai xé phanh @ap tai thoi diém t =12 giay la
v, (12)=2.12=24( m/s).

c) Piing. Chon gdc thoi gian khi xuat phat; cong thirc yan toc chuyén dong cham dan déu Ia
v, (1) =v, —a.(t-12) < v, (t) = 24 =8(t —12) =120 -8t

Dén khi dimg han: v, (t) =0 < t =18giay (s kni chuyén dong).

Suy ra: Thoi glan tr 10c 6 t0 giam toc dd.cho den khi dimng han 1a 15-12 =3 (giay).

d) Sai. Tong quing duong 010 chuyen déng tu’ Iuc xuat phat dén khi dung han (trong sudt thoi
gian 15 giay) 1a S = _Hv )| it —Iv dt+jv

Ma s, _jv t)dt= jztdt 2144 va's, _jv 1j5(120—8t)o|t=(120t—4t2)E=36.
12

Vay S =S, 46, ~144.+86L 180 (m).

Trong kh@ng'gi@n vairhé truc toa do Oxyz , cho mét phing (&) c6 phuong trinh
2X+y —2243=0 va diém M (-2;2;3). Cac ménh dé sau dy dung hay sai?
a)@\B] Matphing (o) c6 mot véc to phap tuyén 1a n=(2;1-2).

b) [NBlMit phang di qua diém N(-12;0).

c)IN] Khoang cach tir diém M dén mat phang () la: d =

©|U‘I

d) [TH] Mt phang di qua hai diém M, N(=1;2;0) va vudng géc véi mét phang (a) co
phuong trinh: 3x—4y+z+11=0.

Al B.[ | C. |:| D.[ ]

Loi gia
) P [b) S [c) S d) B |
a) Pling. Mt phang («) ¢ phuong trinh 2x+y—2z+3=0 nén c6 vecto phap tuyén la

n= (21-2).
b) Sai. Thay toa do diem N (-1;2;0) vao phuong trinh mt phang («) dugc
2.(~1)+2-2.0+3=0<>3=0 (V0 Iy).



PHAN I11. Cau héi trd loi ngdan(2,5 diém). [3 cau Gidi tich + 2 cau Hinh hoc]
Cau 1:

Céau 2:

Cau 3:

2.(-2)+2- 23+3|
\/22+12+( 2)2

¢) Sai. Khoang cach tir diém M (-2;2;3) dén mat phang (o) 1a: d =

"3

1,0;,-3 , .
d) Pung. Cap véc-to chi phuong { ( ( ) ) nén mat phang co6 véc to phap tuyen la:
2;1,-2
m=| n,MN |=(~3,4;-1), do d6 c6 phuong trinh:
—-3X+4y-72-11=0<3x—-4y+z+11=0.
[TH] Cho ham s6 y = f (x). Do thi ham s6 y = f'(x) la duong
cong trong hinh v&. Biét rang dién tich caa céc phan hinh phing A
va B linluotla S, =4 va S, =10. Cho biét gié tri cia f (0)=2.
Tinh gid tri cua f(3).
Két qua:

Léi giai

—[4
Hinh phang A duoc gi¢i han bai do thi ham s6 y = f'( %), truc hoanh y =0, truc tung x =0

1

va duong thang x =1 nén dién tich hinh phang ANa: S, =

X)| dx

0

<:>4=:[f’(x) dx=f (x)} = f (1)~ (0)

Hinh phang B dwoc gisi han boi d6 thi ham sé Y = f(x), truc hoanh y =0, duong thang
3

x =1 va duong thang x =3 némydién ticlyhinhiphang B la: S, =

x)‘ dx

1

@1oz_j £(x) dx=—f (K] 2u[ F8)-f (1)]=-1(3)+ (1)

f(1)-f(0)=4 , ,
Ta duoc hé W-1(0) - T vé theo vé dugc f(3)—f(0)=-6
—-f(3)4T(1=10

< f(3)=1(0)26=2-6=—4.
[TH] Trén ma'phing toadd Oxy , cho parabol (P):y =—x*+9. Goi D la hinh phang gi6i han
boi (P),drue\@X vafhai duong thing x =-2,x = 2. Tinh thé tich khdi tron xoay tao thanh khi
quay D quanh traesOx (1am tron dén phan nguyén).

Két Guia;
Loi gidi
7| 56
Thé tich khdi tron xoay tao thanh bai (P), truc hoanh, hai dudng thang x=-2, x=2 khi xoay

( ( 2, 1204
(P) quanh tryc Ox |a-v—7zjf2(x)dx—7zj =X +9) dx === ~ 756

[VD] Néu cat chau nuréc ¢6 hinh dang nhu hinh
bén bang mit phang song song va cach mat day g----f&so------ L
X (cm)(0 < x <16) thi mat cét 14 hinh tron c6 16 cm 10 o

ban kinh (10+\F)(Cm) Tim X(don vi cm, lam mI feceeceeaaf
b 4

tron két qua dén hang phan tram) dé dung tich
nudc trong chau bang nira thé tich cua chau?

Két qua:

S -x-_‘---?----—--~_
----- -




Cau 4:

Cau 5:

Léi giai

81,94
Dung tich nudc trong chiu bang nira thé tich ciia chau, nén ta c6 phuong trinh:

X 16
Ve =%meh & 7] (104X Vdx =%7z' [ (0-+x?ax
0 0

2
<:>100x+4?0x\/;+x—=@

40 x2 )
< | 100X + — XA/ X +—
’{ 3 W 2j 2 3

0

16
1 40 X2
=—7| 100X + — XX +—
27{ 3 W 2)

0

4
Pit t =+/x,(t>0); PT tro thanh 100t2 +4—3f)t3 +% _s8r2

phuong trinh trén c6 nghiém duong duy nhét t ~ 2,990379433.

Vay x =t* ~8,94 (cm). 7

[TH] Trong khong gian Oxyz , cho hai mat mat phang (P): x+3y—-z=0 va

(Q): x—y—2z+1=0. Goi diém M (0;0;z) cach déu hai mat phang (P) va i

,_22% Jo
.38

Ket qua:

. Khi d6, b bang bao nhiéu?

Zzzz—ﬁ
ﬂ_|—22+]4<:> 38

el_=1—1 :
1 6 ,_22+1[66

2

Lo giai
6|6 ¢
biém M (0;0;z) cach déu hai mat phang (P) va (w( =d(M,(Q))
N 2%4/b

.Viy b=66.

[\VD] Trong khéng gian Oxyz, cho
(Q):x+2y—z+3=0. Goi d ladug ing giao tuyén cua hai mat phang (P) va (Q). Biét
giao diém cua duong thang dy\Va 1& diém M (0;b;c), tinh b+c.

Két qua:

Loi giai

giao tuyén d =(P)n(Q)
U= [E, %} =(-13;5) l1a vecto chi phuong cua d.

R P | 2x=y+z2-4=0
udc giao tuyen théo hé ; Chon z =0, giai
X+2y-2+3=0

-y—-4=0 x=1 o
= 5" Vay diem A@;—2;0)ed .

X+2y+3=0 y=-—
x=1-t
PT duong thang giao tuyén d:y=-2+3t.
z=5t

* Tim giao diém cua dudng thang d va (Oyz): Khi x=0 dugc 0=1—t <>t =1. Vay giao
diem d N(Oyz)=M (0;1;5). Do d6 b=1,c=5.
Vay téng b+c =6.
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